Name: ( ) AP Calculus BC: 2026

2. Let S be the shaded region bounded by the graph of the polar curve
r(0) =3 + 2 sin (20) + cos (20) for 0 < 6 < 7, as shown in the figure.

y

It can be shown that »'(0) = 4 cos (20) — 2 sin (20).

(Note: Your calculator should be in radian mode.)

Part A

Find the area of region S. Show the setup for your calculations.

PartB

There is a point on the curve at which the slope of the line tangent to the curve is —%. At this

dy _3/2

point, - 2 . Find 6 at this point. Show the work that leads to your answer.

Part C

i. Find the value of 0 in the interval 0 < 6 < % at which r has a critical point.

ii. Use a derivative test to determine whether the critical point is the location of a relative
minimum, a relative maximum, or neither for r.

PartD

Find the average distance from the origin to a point on the polar curve
7(0) =3+ 2sin (20) + cos (20) for % < 6 < 7. Show the setup for your calculations.

END OF PART A
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4. The graph of the differentiable function f, shown for —6 < x < 7, has a horizontal tangent at x = —2 and is
linear for 0 < x < 7. Let R be the region in the second quadrant bounded by the graph of f, the vertical line
x = —6, and the x- and y-axes. Region R has area 12.

(a) The function g is defined by g(x) = I(;C f(¢) dt. Find the values of g(—6), g(4), and g(6).

(b) For the function g defined in part (a), find all values of x in the interval 0 < x < 6 at which the graph of g
has a critical point. Give a reason for your answer.

(c) The function A is defined by h(x) = I x6 f’(t) dt. Find the values of h(6), h’(6), and h”’(6). Show the work

that leads to your answers.

Write your responses to this question only on the designated pages in the separate Free Response
booklet. Write your solution to each part in the space provided for that part.
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. A company designs spinning toys using the family of functions y = cxvV4 — xz, where c is a positive
constant. The figure above shows the region in the first quadrant bounded by the x-axis and the graph of
y=cxVv4 — x2 , for some c. Each spinning toy is in the shape of the solid generated when such a region is

revolved about the x-axis. Both x and y are measured in inches.

(a) Find the area of the region in the first quadrant bounded by the x-axis and the graph of y = cxv4 — x2

for ¢ = 6.

dy B c<4 — 2x2

dx NV

largest cross-sectional circular slice is 1.2 inches. What is the value of ¢ for this spinning toy?

(b) Itis known that, for y = cxv4 — x2, . For a particular spinning toy, the radius of the

(c) For another spinning toy, the volume is 2z cubic inches. What is the value of ¢ for this spinning toy?

Write your responses to this question only on the designated pages in the separate Free Response

booklet. Write your solution to each part in the space provided for that part.
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5. Let f be the function defined by f(x) =

2x2—7x+5.

(a) Find the slope of the line tangent to the graph of f at x = 3.

(b) Find the x-coordinate of each critical point of f in the interval 1 < x < 2.5. Classify each critical point as
the location of a relative minimum, a relative maximum, or neither. Justify your answers.

2 1 ©
(c) Using the identity that T evaluate L f(x) dx or show that the integral

22— Tx+5 2x—5 x-—

diverges.
2 3
(d) Determine whether the series Z 2—5 converges or diverges. State the conditions of the test
—s2n" —Tn+
n=>5

used for determining convergence or divergence.

AP Calculus BC: 2015

5. Consider the function f(x) = , where k is a nonzero constant. The derivative of f is given by

x% — kx
fila) = A2
(x2 — kx)
(a) Let k = 3, sothat f(x) = 3 1 - Write an equation for the line tangent to the graph of f at the point
whose x-coordinate is 4.
(b) Let k = 4, sothat f (x) = e 1 . Determine whether f has a relative minimum, a relative maximum, or

neither at x = 2. Justify your answer.

(c) Find the value of k for which f has a critical point at x = —5.

(d) Let k = 6, sothat f(x) = . Find the partial fraction decomposition for the function f.

x> — 6x

Find [ f(x) dx.




